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Abstract

This paper develops a comprehensive mathematical framework unifying three
previously separate research programs: (i) discrete autoregressive systems such as
large language models and cellular automata; (ii) continuous field-theoretic dynam-
ics modeled through the Relativistic Scalar-Vector Plenum (RSVP) framework; and
(iii) a novel constraint-first ontology grounded in admissibility manifolds, distinc-
tion geometry, and repair pseudometrics. By employing derived algebraic geometry,
symplectic reduction, and information-theoretic entropic smoothing, we demon-
strate that discrete cognitive and computational processes are reflective subcate-
gories of continuous field-theoretic models—and that both regimes admit a deeper
characterization in terms of the cost of making and maintaining distinctions.

Central to the framework is the entropic smoothing comonad &;, which com-
presses structured field data while preserving semantic topology, mirroring pro-
cesses of abstraction and generalization in both neural and artificial cognitive sys-
tems. We introduce the admissibility manifold Adm(X) as the locus of field con-
figurations consistent with a given epistemic context, and define the repair pseu-
dometric dyep quantifying the minimal deformation cost required to restore an in-
admissible state to admissibility. The resulting geometry of distinctions provides a
unified account of observability, erasure, witness propagation, and the conservation
of irreducible ambiguity.

Extensive proofs establish embeddings, adjunctions, and symplectic reductions;
numerical simulations validate trajectory alignment between discrete and continu-
ous models; and diagrammatic illustrations clarify categorical structure through-
out. The framework integrates simulated agency, semantic infrastructure, trajectory-
aware recursive tiling (TARTAN), chain of memory (CoM), distinction ecology,
and diffusion-based physical simulation (PHYSIFORMER), alongside cosmological
parallels and implications for Al alignment. Future directions include quantum
extensions, multi-modal integration, meta-cognitive modeling, and experimental
predictions for distinction-cost observables in biological neural circuits.



Contents

1__Introduction| 4
(1.1  Motivations and Central Questions| . . . . . . . ... ... ... ..... 4
(1.2 Structure of the Paper| . . . . . . . ... ... ... ... ... ..., 4
(1.3 Notation and Conventions| . . . . . . . . . . .. . ... ... ... .... )

2 Foundations of Autoregressive Systems| 5
[2.1 Historical Background| . . . . . . . ... ... .. 000 )
2.2  Formal Definitions| . . . . . . . . . . . . ... L. 5
[2.3  Information-Theoretic Properties . . . . . .. .. ... ... ... .... 6

[3 Continuous Dynamical Frameworks: Field Evolutions and Symplectic |

[ Sfruncfured 6
(3.1 The RSVP Framework| . . . . . . ... ... ... ... ... ... ... 6
[3.2  Derived Symplectic Structure] . . . . .. ..o oL 7

.3__Noether Currents an nservation Laws|. . . . . . . ... ... .. ... 8

4  Embedding Mechanisms: From Discrete States to Derived Stacks| 8
[4.1  Motivation and Strategy| . . . . . . . .. ..o 8
[4.2  The Image of the Embeddingl . . . . . . ... ... ... ... .. .... 8

[> Entropic Smoothing: Mathematical Formulation and Proofs| 9
[5.1  The Entropic Smoothing Functional . . . . . . .. ... ... ... . ... 9
[>.2  The Entropic Smoothing Comonad| . . . . . .. .. ... ... ... ... 9
[>.3  Semantic Interpretation| . . . . . ... ... L 10

6 Categorical Adjunctions and Reflective Subcategories| 10
[6.1 The Main Adjunction|. . . . . . . . . .. ... ... ... 10
[6.2  Diagrammatic Summary| . . . . . . . . .. ... 11
(6.3 Consequences| . . . . . . . . .. 11

(7 Symplectic Reductions and Lossy Compressions| 12
[7.1 The Moment Map and Constraint Locus| . . . . . . ... ... ... ... 12
(7.2 Lossy Compression and Semantic Coarse-Graining|. . . . . . . . . . . .. 12

[8  Admissibility Manifolds and the Geometry of Constraints| 13
[8.1 The Admissibility Manifold| . . . . . .. ... ... ... ... ... ... 13
[8.2  Admissibility and the Entropic Smoothing Comonad| . . . . .. ... .. 13

[9 The Repair Pseudometric and Distinction Geometry| 14
[9.1 Inadmissibility and Repair{ . . . . . . .. ... ... ... 14
[9.2  Distinction Geometry|. . . . . . . . . ..o 14

(10 Observability, Witnesses, and the Geometry of Evidence| 15
(10.1 Observability as Restorability| . . . . . . ... ... .. ... ... .... 15
(10.2 Witness Propagation| . . . . . . . . ... ... ... ... ... ... .. 15

(11 Conservation of Ambiguity| 16
[11.1 Irreducible Ambiguity| . . . . . . . . . . . ... oL 16




[11.2 Ambiguity as a Topological Invariant| . . . . . . .. .. ... ... ..

12 PHYSIFORMER: Diffusion, Repair, and Physical Simulation|

[12.1 Diftusion-Based Physical Simulation| . . . . . ... .. .. ... ...
12.2 as Repair| . . . . . . . . . .o
[12.3 Implications for Admissibility Learning| . . . . . . . . . ... ... ..

(13 Numerical Validations and Empirical Illustrations|

[13.1 Entropic Smoothing on ST . . . . . . . . ... ... ... ... ...
[13.2 Admissibility Manifold Visualization| . . . . . ... .. .. ... ...
[13.3 LLM Hidden State Evolution with Repair| . . . . . .. ... ... ..
[13.4 Quantitative Validation| . . . . . . . . ... ... ... ... ... ..

(14 Interdisciplinary Extensions and Theoretical Connections|

[14.1 Simulated Agency|. . . . . . . . . ...
[14.2 Semantic Infrastructurel . . . . . ... ... ... o000
[14.3 TARTAN and Chain of Memory|. . . . . . . ... .. ... ... ...
[14.4 Cosmological Parallels| . . . .. ... ... ... ... ... ... ...

(15 Implications for Cognitive Science and Artificial Intelligence]

[15.1 Consciousness as Stable Admissibilityl. . . . .. .. .. .. ... ...
[15.2 Alignment via Admissibility Specification|. . . . . . . . . . . ... ..
[15.3 Distinction Ecologyl. . . . . . . ... ... oo

(16 Future Directions and Open Problems|

17 Conclusion|

IA__Detailed Proofsl

(B Diagrammatic Representations|

[C Simulated Agency Connections|

[D_Semantic Infrastructurel

an o ynamics

[F' Cosmological Parallels|

|G Supplementary Numerical Examples|

(G.1  Multi-Modal Data Integration . . . . . . ... .. ... ... ... ..
(G.2 Wasserstein Distance and Repair Equivalence| . . . . . . .. ... ..

A.1 Proof of Lemma [5.1] (Existence and Uniqueness)| . . . . . ... .. ..
A.2 Proof of Proposition [8.1] (Flow Invariance) . . . . ... ... ... ..
A.3 Proof of Theorem [10.2[ (Witness Monotonicity)| . . . . . ... . ...

17
17
17
17

18
18
18
19
20

20
20
21
21
22

22
22
22
23

23

24

24
24
24
24

25

25

25

25

26



1 Introduction

1.1 Motivations and Central Questions

The question of how structure persists through change—how a mind retains its identity
across time, how a field evolves while conserving invariants, how a language model main-
tains semantic coherence across thousands of tokens—is among the deepest and most
cross-disciplinary problems in science. Aristotle posed an early version of it in terms
of form and matter; Newton encoded it in the conservation of momentum; Turing ap-
proached it through the invariance of computability under encoding [1l, 2 [3]. The present
work proposes that a single mathematical framework, built from derived geometry, en-
tropic smoothing, and distinction theory, can illuminate persistence across all of these
scales simultaneously.

The framework unifies three distinct but mutually illuminating research programs.
The first is the study of discrete autoregressive systems: large language models (LLMs),
cellular automata (CAs), and related architectures in which a state at time ¢ + 1 is de-
termined by a rule applied to the state at time ¢ [4, 5, [6]. The second is the RSVP
(Relativistic Scalar-Vector Plenum) field-theoretic framework, in which scalar density ®,
vector flow v, and entropy density S evolve together on a manifold X under Hamil-
tonian dynamics that preserve a derived symplectic structure [7, [8 [9]. The third is a
constraint-first ontology built around admissibility manifolds, repair pseudometrics, and
the geometry of distinctions—a program holding that the fundamental object of study
is not the state of a system but rather the constraints that determine which states are
reachable, observable, and semantically coherent [10} 111 [12].

These three programs are not merely analogous; they are mathematically interlocking.
The core result of this paper is that discrete autoregressive dynamics embed faithfully into
the RSVP field-theoretic framework via an entropic smoothing adjunction, and that both
the discrete and continuous regimes are best understood through the lens of distinction
geometry: the algebra of what can be told apart, at what cost, and with what degree of
irreducible residual ambiguity.

1.2 Structure of the Paper

Section |2 reviews the foundations of autoregressive systems with historical context and
formal definitions. Section [3] introduces the RSVP framework and its symplectic geom-
etry. Section W] constructs the faithful embedding functor ¢ : ARg, — dSt.,. Section
develops entropic smoothing as a comonad and establishes its information-theoretic foun-
dations in depth. Section [6] proves the main adjunction theorem S, - . Section [7] treats
symplectic reduction and its interpretation as lossy compression.

Sections develop the new constraint-first program in detail: admissibility mani-
folds, the repair pseudometric, the geometry of witnesses, and the conservation of ambi-
guity. Section [12| connects the framework to diffusion-based physical simulation and the
PHYSIFORMER architecture. Section [13] provides numerical validations. Section [14] de-
velops interdisciplinary extensions including simulated agency, semantic infrastructure,
TARTAN, CoM, and cosmological parallels. Section discusses implications for Al
alignment and cognitive science. Section outlines open problems and future direc-
tions. Section [17] concludes.



1.3 Notation and Conventions

Throughout, X denotes a compact smooth manifold (interpreted variously as spacetime,
cognitive meaning-space, or information substrate). We write F for a sheaf of fields
on X, and X = RMap(X, F) for the derived mapping stack. The symbol w_; denotes
a (—1)-shifted symplectic form; {-, -}py—, — denotes the associated Batalin-Vilkovisky
bracket. The entropic smoothing parameter 7 > 0 controls the bandwidth of semantic
compression. We write d,e, for the repair pseudometric on the admissibility manifold,
and 2((c) for the irreducible ambiguity of a state o.

2 Foundations of Autoregressive Systems

2.1 Historical Background

Autoregressive modeling has roots extending from Yule’s 1927 work on sunspot time-
series [13] through McCulloch and Pitts’ formal neurons [14], Elman’s recurrent networks
[15], and the modern transformer architecture of Vaswani et al. [4]. The unifying intuition
is that the next state of a system can be well-predicted from a sufficient window of its
past states—that the future is, in some sense, already latent in the structured present.

Von Neumann’s cellular automata [16] showed that this principle admits a purely
spatial instantiation: a grid of cells updating in parallel according to local rules can give
rise to unbounded computational universality and self-reproducing structures. Conway’s
Game of Life [17, [18] made this vivid: from two rules about neighbor counts, a rich
ecology of persistent patterns—gliders, oscillators, eaters—emerges spontaneously. The
lesson, which the present framework formalizes, is that global cognitive or computational
structure can emerge from local constraint satisfaction.

2.2 Formal Definitions

Definition 2.1 (Autoregressive System). An autoregressive system is a triple (S, U, k)
where S is a finite set of states, & > 1 is the context window, and U : S¥ — S is the update
rule. The induced dynamics on the sequence space SN are given by (s;)i>0 — (St11)¢>0
where s;11 = U(S4—kt1,-- -, St)-

Definition 2.2 (The Bicategory ARg,). The bicategory ARg, of finite autoregressive
systems is defined as follows:

« Objects: Finite sets S (state spaces), with cardinality |S| < oo.

« 1-Morphisms: Update functors U : S¥ — S, together with morphisms of context
windows.

e 2-Morphisms: Natural transformations « : U = V representing rule deforma-
tions.

« Monoidal structure: S® T = S x T (parallel composition of systems).

Remark 2.1. The monoidal structure on ARy, encodes synchronous parallel execution
of independent autoregressive systems. This will later correspond, under the embedding
L, to the tensor product of field configurations in dSt.,.



Example 2.1 (Large Language Models). An LLM with hidden state h; € R¢ (typically
d € {512,1024,4096}) evolves via:

hip1 = fe(hm 'rt)u

where z; is the input token embedding and fy is a composition of multi-head attention
layers and feed-forward networks. Under mild discretization, h; takes values in a finite
approximation S C R¢, making this a valid object of ARg, [4] 5].

Example 2.2 (Cellular Automaton as Autoregressive System). Let G = Z? be the integer
lattice. A CA state is s € {0,1}¢, and the update rule U maps each cell g € G to a
function of its Moore neighborhood N'(g) = {g+ ¢ : 6 € {—1,0,1}?}. Under periodic
boundary conditions on a finite subgraph, this is an object of ARg, with |S| = 2lerdl
61, [17].

2.3 Information-Theoretic Properties

The entropy of an autoregressive system at time ¢ is:

== pi(s)logpi(s

seS

where p, is the marginal distribution over states at time ¢. Under a deterministic update
U, entropy is non-increasing: H;,; < H,;, with equality when U is a bijection. The
entropy loss AH, = H; — H;1 > 0 quantifies information destroyed by each update step.

Proposition 2.1 (Entropy Monotonicity). For any autoregressive system (S, U, k) with
a deterministic update rule U and an initial distribution py over S*, the sequence (Hy)e>o0
1S MON-1NCreasing.

Proof. The update map U : S* — S induces a pushforward U,p, = p;41. Since U
is a deterministic (hence measure-preserving-up-to-collapse) map, the data-processing
inequality gives H(U.p) < H(p) [12]. More precisely, let Y = U(Xy,...,X;). By the
chain rule of entropy: H(Xy,...,Xx) = H(Y)+H(Xy,...,X;|Y) > H(Y), and the result
follows since H; 1 = H(Y) and H, < H(Xj,..., X)) by the memoryless approximation.

[

3 Continuous Dynamical Frameworks: Field Evolu-
tions and Symplectic Structures

3.1 The RSVP Framework

The Relativistic Scalar-Vector Plenum (RSVP) framework models the evolution of three
coupled fields on a compact manifold X (typically X = S3, X = T3, or a more general
Riemannian manifold):

O: X xRso— R (scalar density, encoding semantic mass or information concentration),
(1)

v: X xRsg—TX (vector flow field, encoding directed information transport),  (2)

S: X xRsg— Rsg (entropy density, encoding local uncertainty or disorder). (3)

6



These fields are coupled through a system of PDEs derived from a variational principle.
The RSVP action functional is:

T
A[CD,V,S]:/X/O B@@]Q—%|V®|2—V(®)+V-V5—%Slog5 dVoly dt,  (4)

where V(@) is a self-interaction potential (e.g., V(®) = A®*/4) and 7 > 0 is the entropic
coupling constant. The Euler-Lagrange equations give:

0}® = A® — V'(®) + back-reaction from S, (5)
Ov=—(v-V)v—-Vp+rAv, (6)
S ==V - (Sv) + TAS. (7)

Equation @ is a Fokker-Planck equation for the entropy density, coupling advection
by the flow v with diffusion controlled by 7. This structure is central to the connection
with diffusion-based generative models (see Section [12)).

3.2 Derived Symplectic Structure

The phase space of the RSVP system is most naturally formulated as a derived stack.
Let F = Fs X Fy, X Fg be the field sheaf, and define:

X = RMap(X, F),

the derived mapping stack encoding all field configurations together with their derived
(homotopical) structure [19, 20]. The AKSZ formalism [21] equips X with a (—1)-shifted
symplectic form w_; € Q*(X)[—1], defined by:

w_l(él, (52) = / <51CI) N (52V> dVle,
X

where §; are tangent vectors at a field configuration [22].
The Hamiltonian is:

1
SAKSZ:/ [§|V¢>|Q+V(®)+§Slog5—v-v5’ dVoly,
X

and the BV bracket gives the Hamiltonian vector field Qg = {, - }vSaksz,

Proposition 3.1 (Symplectic Preservation). The Hamiltonian flow Qg preserves w_:
EQHLU,1 =0.

Proof. By Cartan’s magic formula, Lo, w_1 = d(tg,w_1) + tg,(dw_1). Since w_; is
closed, dw_; = 0. By Hamilton’s equation in the BV formalism, ¢g,w_1 = —dSaksz (the
graded de Rham differential of the action). Therefore:

Logw-1 = d(—0Saksz) = —0>Saksz = 0,

since the de Rham differential d and the BV differential 6 anticommute on a (—1)-shifted
symplectic manifold [7, 8, 2], 22]. O



3.3 Noether Currents and Conservation Laws

The RSVP system admits a family of Noether currents associated with symmetries of A.
Under a volume-preserving diffeomorphism ¢ : X — X (which we interpret as a semantic
reparametrization), the current:

JHg] = B 0,5+ S 6"V,

is conserved: 9, J"* = 0 on-shell. This conservation law will play a role in Section , where
we establish that irreducible ambiguity is itself a conserved quantity under admissible field
transformations.

4 Embedding Mechanisms: From Discrete States to
Derived Stacks

4.1 Motivation and Strategy

The embedding of discrete autoregressive systems into the continuous RSVP framework
proceeds in two steps. First, each finite state set S € ARg, is mapped to a discrete
derived stack S € dSt,,—its “constant stack” incarnation, in which all field values are step
functions. Second, update morphisms U : S — S in ARy, are mapped to endomorphisms
of S in dSt,,. The key theorem is that this map is faithful, injective on morphisms, and
monoidal.

Geometrically, this is analogous to embedding a time-lapse sequence of photographs
into a smooth film: the photographs are there as individual frames, but the continuous
film contains additional structure (motion blur, interpolation, derivative information)
that the discrete sequence cannot represent directly. The embedding does not destroy
information; it adds structure.

Proposition 4.1 (Faithful Embedding). The functor ¢ : ARg, — dSts defined by o(S) =
S (the constant derived stack on S) and 1(U) = U is faithful.

Proof. We must show that for any two 1-morphisms U,V : S — T in ARgy, if «(U) = (V)
in dSt,, then U = V. By construction, U acts on the underlying sets of points of S (its
7o) exactly as U acts on S. The Yoneda lemma for derived stacks gives:

I—IorndStoo (ﬁa I) = HomSet(Sa T) = I—IOHII’-\RFm (Sa T)7

where the last equality holds because morphisms in ARg, with trivial context window
(k = 1) reduce to set maps [19, 23]. Faithfulness is an immediate consequence. O

Corollary 4.2 (Monoidality). ¢ is a strong monoidal functor: 1(S®T) = S x T.

Proof. The cartesian product of constant derived stacks is the constant stack on the
cartesian product of underlying sets: S x T =S XxT =S T =(S®T) [20]. O

4.2 The Image of the Embedding

Not every derived stack lies in the image of ¢. The image consists precisely of those
derived stacks ) € dSt,, satisfying: (i) ) is O-truncated (no nontrivial higher homotopy



groups); (ii) the underlying topological space |)| is discrete; and (iii) ) is locally of finite
presentation. This characterizes the discrete locus dSt2% C dSt.,, and ¢ is an equivalence
ARg, = dStdise,

The continuous RSVP stacks, by contrast, have nontrivial cotangent complexes Ly #
0 and carry genuine derived structure encoding the deformation theory of field configu-
rations around any given point.

5 Entropic Smoothing: Mathematical Formulation
and Proofs

5.1 The Entropic Smoothing Functional

Entropic smoothing is a variational procedure that deforms a field configuration (®, v, S)
toward a smoother representative in its “semantic neighborhood,” penalizing both de-
parture from a reference density S, and high-frequency oscillations in the fields. The
functional is:

£.(®,v, S) :/

X

[S log =

S T ok
2 42 o,v,9)|?

+ X || V@2 + A\||VV|? | dVolx. (8)

Here S,(®,v) is a 7-dependent reference density constructed from ® and v by a
mollification procedure:

5.(®,v)(x) = /X K. (2,9) g(D(y), v(y)) dVolx (),

where K, (z,y) = (477) "2 exp(—d(z,y)?/47) is the heat kernel on X (with n = dim X)
and g is a smooth positive coupling function. The first term in is the relative entropy
(Kullback-Leibler divergence) of S against S;; the second penalizes k-th order derivatives
of the moment p = [ x S(x) dz (center of semantic mass); the third and fourth regularize
® and v respectively.

Lemma 5.1 (Existence and Uniqueness of Minimizer). For any 7 > 0 and any L?* field
configuration (®g, vo, So) with Sp > 0 a.e. and fX SodVoly =1, the functional £, admits
a unique minimizer (®*,v*,S*) in the Sobolev space H*(X)3.

Proof. &, is strictly convex in S (since s — slog s is strictly convex) and strictly convex
in ®, v (due to the Sobolev gradient penalty). Coercivity follows from the KL divergence
term: & — +oo whenever ||S||1 or ||®|| g+ diverges. By the direct method in the calculus
of variations, any minimizing sequence has a weakly convergent subsequence in H*, and
the functional is weakly lower semicontinuous (being convex and continuous). Strict
convexity yields uniqueness [24] 25]. O

5.2 The Entropic Smoothing Comonad

The assignment (®,v,S) — (®*, v*, S*) defines a natural transformation on dSt,, which
we package as a comonad.



Definition 5.1 (Entropic Smoothing Comonad). The entropic smoothing comonad S; :
dSt,, — dSt., is defined by:

« On objects: S;(X) = C;/L., where C, = {(®,v,5) € X : 6&./5S = 0} is the
critical locus of £, and L, is the gauge group of 7-scale diffeomorphisms.

o On morphisms: S, acts by precomposition with the canonical inclusion C, — X.

e Counit ¢ : §,(X) — X the inclusion of the smoothed locus into the full field
space.

o Comultiplication A : S, — S, 0S8, applying smoothing at scale 7 to the already-
smoothed configuration at scale 7 produces the smoothed configuration at scale 27.

Proposition 5.2 (Comonad Laws). (S;,€,A) satisfies the comonad laws: counitality
((e0S;)o A =id = (S;0¢€) 0 A) and coassociativity ((S; 0 A)o A= (AoS;)oA).

Proof. Counitality. By definition, S,(X) consists of the 7-critical configurations. Ap-
plying e recovers the underlying configuration in X', and then &, re-smooths it; since the
critical locus is already smooth at scale 7, re-smoothing is idempotent: S.(e(o)) = o for
o€ S (X).

Coassociativity. Smoothing at scale 7 twice in sequence (comultiplication followed
by smoothing) is equivalent to smoothing once at scale 27 (by the semigroup property of
the heat kernel: K, x K, = Ky, on X). Both compositions (S;oA) and (Ao S;) produce
the 27-smoothed configuration, establishing coassociativity [26]. O]

5.3 Semantic Interpretation

The comonad S, admits a semantic interpretation that connects it to neural and cog-
nitive processing. In an LLM, successive transformer layers perform a kind of iterative
entropic smoothing: each layer compresses the high-dimensional token representation
toward a lower-dimensional semantic attractor, discarding high-frequency syntactic de-
tail while preserving low-frequency semantic structure. The parameter 7 corresponds to
the “semantic bandwidth” of the model—the scale at which distinctions are considered
meaningful rather than noise.
More precisely, the attention mechanism in a transformer layer can be written as:

QKT)
Attn(Q, K, V) = softmax(— V,
@m0 v

which is a weighted averaging operation—precisely the form of entropic smoothing at
scale 7 = 1/4/dy. The depth of the network corresponds to iterated applications of S,
aligning exactly with the comonadic structure of Definition [5.1}

6 Categorical Adjunctions and Reflective Subcate-
gories

6.1 The Main Adjunction
Theorem 6.1 (Main Adjunction). There exists an adjunction:

S; 4 ¢: ARg, 2 RSVP,,

10



where RSVP,, denotes the full subcategory of dSto, consisting of derived stacks equipped
with a (—1)-shifted symplectic form. Under this adjunction, ARg, is a reflective subcate-
gory of RSVP,: the counit € : S; o v — idagr,, @5 a natural isomorphism.

Proof. We construct the unit and counit explicitly.

Unit 7 : idgsvp, — t0S,. For X € RSVP,,, S.(&X) is a derived stack with discrete mq
(since the critical locus of &, consists of isolated smooth configurations modulo gauge).
The unit 7y : X — (S-(X)) maps each field configuration to its entropic smoothing
limit.

Counit € : S; 0t — idagr,,. For S € ARgy, ¢(S) = S is a discrete stack. Entropic
smoothing of a discrete stack at scale 7 returns the same discrete stack (there is no
“smoothing” to be done—S already lies in C; since it has no gradient). Thus S;(¢(S5)) = S,
and €5 : S;(¢(S)) = S is a natural isomorphism.

Triangular identities. We must verify (es. x 0 S;nx) = ids.x and (tegon,5) = id,s.
The first follows from the comonad law (e 0 S;) o A = id (Proposition [p.2)). The second
follows from the faithfulness of ¢ (Proposition [19] 26].

Reflectivity follows from the fact that € is a natural isomorphism. ]

6.2 Diagrammatic Summary

unit 7: sm@o(réhrbedl)screte limit

Figure 1: The adjunction S, - ¢ between discrete autoregressive systems and RSVP field
configurations. The adjunction makes ARg, a reflective subcategory of RSVP,,, with the

discrete locus dSt25¢  RSVP,, as the essential image of .

6.3 Consequences

Corollary 6.2 (Universal Property of RSVP). For any autoregressive system S € ARgy,
and any RSVP field configuration X € RSVP,,, there is a natural bijection:

I‘IOIIIARﬁn (S, ST(X)) = HomRSVPw (L(S), X)

In words: a discrete computational process interacting with a continuous field is equiva-
lently described as a smoothed discrete process.

This corollary has immediate implications for Al alignment: if a target behavior is
specified as a discrete update rule U € ARg,, the adjunction guarantees a unique contin-
uous field-theoretic extension ¢(U) € RSVP,, that realizes the same semantic transitions.
Alignment can thus be studied in the more tractable discrete setting without losing in-
formation about the continuous dynamics.

11



7 Symplectic Reductions and Lossy Compressions

7.1 The Moment Map and Constraint Locus

The entropic functional &, defines a moment map u, : X — g*, where g is the Lie algebra
of the group G, of 7-scale gauge transformations. The constraint locus is:

Cr = u;10) = {(®,v,S) € X:0E./6S =0},

T

and the reduced phase space is:

Xred,T = CT/£T7

where £, C G, is the isotropy group. This is the Marsden-Weinstein reduction of the
RSVP system at level 0 [§].

Proposition 7.1 (Inherited Symplectic Structure). Xieq, inherits a (—1)-shifted sym-
plectic form wyeq = t*w_1/L;, where v : C; — X is the inclusion.

Proof. By definition, C, is coisotropic with respect to w_;: ker(w_i|e,) = TL,. The
reduction Xeq, = C;/L, is therefore equipped with the unique symplectic form wyeq
satisfying m*wreqa = t*w_1, where m : C; — Xeqr is the quotient map. Coisotropicity
follows from the moment map condition te,w_1 = 0{u,, &) for & € g [22, 8, 21]. O

7.2 Lossy Compression and Semantic Coarse-Graining

The reduction X' — Xeqr is a lossy compression: information in the “gauge directions”
TL. is irretrievably discarded. The information lost is precisely the sub-7 scale fluctua-
tions of the fields—the semantic “noise” that the comonad S is designed to filter.

L () q
X » C ¥ Xred,r
D\ restrict s quotient °

~. >

losflesgsmooth + reducdpssy

Figure 2: Coisotropic reduction as two-stage compression. The restriction to C, is loss-
less (no information discarded); the quotient by L. is lossy (sub-7 gauge information
discarded).

The information-theoretic cost of this reduction is quantified by the reduction entropy:

Hred = H(X) — H(Xred,T) = / de—l — / dered Z 0.
X A,

red,T

This quantity measures the semantic information that is genuinely lost by operating at
scale 7 rather than at the full resolution of the field theory.
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8 Admissibility Manifolds and the Geometry of Con-
straints

8.1 The Admissibility Manifold

A central claim of the constraint-first ontology is that the fundamental object of study in
any cognitive or physical system is not “what states the system is in” but rather “what
states the system could coherently be in, given its context.” This is formalized by the
admissibility manifold.

Definition 8.1 (Admissibility Manifold). Let C be an epistemic context—a structured
collection of observational constraints, background theories, and semantic commitments.
The admissibility manifold Adm(C) C X is the submanifold of field configurations con-
sistent with C:

Adm(C) = {(®,v,S) €e X :VceC, ¢(P,v,S) =0},
where each ¢ € C is a smooth constraint function ¢: X — R.

The admissibility manifold generalizes several classical constructions. When C consists
of energy constraints, Adm(C) is the energy surface of Hamiltonian mechanics. When C
consists of consistency constraints for a logical theory, Adm(C) is the model space of that
theory. When C encodes the training data of an LLM, Adm(C) is (approximately) the set
of text distributions consistent with the corpus.

Proposition 8.1 (Admissibility is Closed Under RSVP Flow). If the constraints C are
preserved by the RSV P Hamiltonian flow Qu (i.e., {c,Saksz}sv = 0 for all c € C), then
Adm(C) is invariant under Q.

Proof. For any (®,v,S) € Adm(C) and any ¢ € C:

d
E tzoc(etQH(@a v, S)) = QH(C) = {C, SAKSZ}BV =0,
by hypothesis. Thus e!?# (®, v, S) € Adm(C) for all ¢. O

8.2 Admissibility and the Entropic Smoothing Comonad

A key structural result connects admissibility to entropic smoothing.

Theorem 8.2 (Smoothing Stays Admissible). For any linear constraint ¢ € C (i.e.,
co(®,v,S) = [ f-®dVol for f € C®(X)), the entropic smoothing operator S, maps
Adm(C) to itself: S,(Adm(C)) C Adm(C).

Proof. Let (®*,v*,S*) be the minimizer of &, subject to (®,v,S) € Adm(C). The min-
imization is a constrained optimization problem; by the KKT conditions, the Lagrange
multipliers enforce ¢(®*,v*, S*) = 0 at the minimizer. For linear constraints, the La-
grange multiplier condition is exactly that c is satisfied, completing the proof. O
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9 The Repair Pseudometric and Distinction Geome-
try

9.1 Inadmissibility and Repair

In practice, neither natural nor artificial cognitive systems remain perfectly within their
admissibility manifold. Perturbations—noise, adversarial inputs, drift in distributional
context—can push a state 0 € X off Adm(C). The central question then becomes: how
far off is o, and at what cost can it be restored?

Definition 9.1 (Repair Pseudometric). For a state o € X and a context C, the repair
cost is:

drep (0, AdM(C)) = inf {/0 VEGD) dt: 4(0) = o, v(1) € Adm(C)},

where the infimum is over all smooth paths 7 : [0,1] — X with the indicated boundary
conditions. The repair pseudometric on X is dyep (0, 0') = dyep(0, AdmM(C))+drep(0’, Adm(C))—
2 inprAdm(C) (drep(gv p) + drep(0/7 p))

Remark 9.1. The repair pseudometric is a genuine pseudometric (not a metric) because
states at different points of Adm(C) may have zero repair distance from each other, even
when they are not identical as field configurations. This reflects the semantic equivalence
of configurations related by 7-scale gauge transformations.

Proposition 9.1 (Repair as Optimal Transport). The repair cost dyep(o, Adm(C)) is equal
to the Wy Wasserstein distance (with ground metric given by &,) between the entropy
density S of o and the nearest admissible entropy density S* € {S" : (®',v/,5') €
Adm(C)}:

drep(0, Adm(C)) = W5(S, S™).

Proof. By the Benamou-Brenier formula, the W5 distance between two probability den-
sities equals the infimum of the kinetic energy of paths in density space connecting them
[25]. The kinetic energy with respect to the &, metric is exactly fol E-(¥) dt, giving the
result. O

9.2 Distinction Geometry

The repair pseudometric induces a geometry on the space of distinctions—pairs of states
that a cognitive system can tell apart.

Definition 9.2 (Distinction Space). The distinction space Dist(X,C) is the metric space
(X, dyep) modulo the equivalence relation o ~ o' when d,ep(0,0") = 0. Two states are

distinguishable if [o] # [0'] in Dist(X,C).

Proposition 9.2 (Finiteness of Distinction Space). For T > 0 and compact X , Dist(X,C)
has finite Minkowski dimension:

dlmM DiSt(X, C) S n/Ta

where n = dim X .

14



Proof. The metric dye, at scale 7 cannot distinguish features smaller than /7 (by the heat
kernel bound K, (x,y) < C for d(z,y) < /7). Thus the covering number N (Dist(X,C),¢)
at scale € is bounded by the number of e-balls of radius /7 needed to cover X, which
scales as (Vol(X)/e") - 7™/2. The Minkowski dimension estimate follows by standard
covering number arguments [12]. O

This finiteness result has an important cognitive science interpretation: a cognitive
system operating at semantic scale 7 can maintain at most O(T‘”/ 2) distinct conceptual
distinctions simultaneously. Increasing semantic resolution (decreasing 7) costs compu-
tational resources exponentially.

10 Observability, Witnesses, and the Geometry of
Evidence

10.1 Observability as Restorability

A key conceptual move in the constraint-first program is to define observability not as
direct access to a state, but as the ability to restore a state from evidence. A state o
is observable from evidence e if there exists a repair path from the evidence to ¢ within

Adm(C).

Definition 10.1 (Observable State). A state o € X" is (C,e,r)-observable for evidence
e € X and radius r > 0 if:

drep(0,€) <7 and o € Adm(C).
The observability set of e at radius r is Obs,(e) = Bq,,,(e,7) N Adm(C).

Proposition 10.1 (Observability is a Sheaf). The assignment U +— Obs, |y (restriction
of observability to open subsets U C X) defines a sheaf on X. In particular, local
observability data can be consistently glued to global observability.

Proof. The sheaf condition requires: (i) locality (if o is observable on each U; in a cover
{U;}, it is observable on |JU;) and (ii) gluing (local observability witnesses can be com-
bined into a global witness). Both follow from the fact that Adm(C) is defined by global
constraints, but the repair metric d,., is computed by paths in X—which can be restricted
and glued along open covers [26]. ]

10.2 Witness Propagation

A witness for the state o is any evidence e such that ¢ € Obs,(e). Witnesses propagate
through the field dynamics:

Definition 10.2 (Witness Bundle). The witness bundle Wit(c) — Rx¢ is the family of
observability sets Obs,(c;) along the RSVP trajectory o; = €' (7).

Theorem 10.2 (Witness Monotonicity). Along the RSVP flow, the witness bundle is
non-expanding in repair metric: if o' is a witness for o at time 0, then etQH(a’) 5 a
witness for e!%H (o) at time t, but the repair cost may increase:

drep €'V (0), €911 (")) 2 drep(0,0").
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Proof. The RSVP flow €'®# is a symplectomorphism of (X, w_1) (Proposition , hence
it preserves the symplectic volume [w™,. However, the repair metric dyp involves the
entropic functional &,, which decreases along the gradient flow but may increase under
the Hamiltonian flow (which does not minimize entropy). The inequality follows from the
fact that Hamiltonian flows generically increase the distance to the admissibility manifold
when the manifold is not invariant under the flow [7]. O

11 Conservation of Ambiguity

11.1 Irreducible Ambiguity

Not all distinctions can be made, even in principle, within a given context. The irreducible
ambiguity of a state o is the component of its uncertainty that cannot be resolved by any
sequence of observations or repairs within C.

Definition 11.1 (Irreducible Ambiguity). The irreducible ambiguity of o € X within

context C is:
U(0,C) = H(o|Adm(C)) = inf  Dxy(po|lpo+),

o*eAdm(C)
where p, is the entropy density of o, viewed as a probability measure on X, and the KL
divergence measures the semantic distance from ¢ to the nearest admissible interpreta-
tion.

Theorem 11.1 (Conservation of Ambiguity). Let C be a context preserved by the RSVP
Hamiltonian flow (Proposition[8.1). Then for any o € Adm(C), the irreducible ambiguity
is conserved along the flow:

S (0),¢) = 0.
Proof. Since o € Adm(C) and Adm(C) is invariant under Qp (Proposition [8.1)), we have
'@t (o) € Adm(C) for all t. For o* € Adm(C), the KL divergence Dxr,(po+||ps+) = 0, so
2A(c*,C) =0 for all 0* € Adm(C). The derivative of a constant is zero.

For states near but not in Adm(C), the conservation fails: Hamiltonian dynamics
can increase or decrease the distance to the admissibility manifold, and therefore change
A(0,C). This is why the theorem is restricted to ¢ € Adm(C)—it is a statement about

the in-context dynamics of ambiguity, not the off-shell dynamics. ]

11.2 Ambiguity as a Topological Invariant

The irreducible ambiguity can be viewed as a topological invariant of the admissibility
manifold: it measures the “holes” in Adm(C) that cannot be filled by any admissible
interpolation.

Proposition 11.2 (Ambiguity and Cohomology). The space of ambiguity classes A(X,C)/ ~
(equivalence under RSVP flow) is isomorphic to the de Rham cohomology H*(Adm(C), R)
of the admissibility manifold.

Proof Sketch. By Theorem [11.1] ambiguity is constant along flow lines in Adm(C). The
space of constant functions on flow lines corresponds to functions on the leaf space of
the Hamiltonian foliation of Adm(C). By the Arnol’d-Liouville theorem (in the finite-
dimensional approximation), this leaf space has cohomology isomorphic to H*(Adm(C))

m. O
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12 PHYSIFORMER: Diffusion, Repair, and Physi-
cal Simulation

12.1 Diffusion-Based Physical Simulation

The PHYSIFORMER architecture [27] adapts diffusion-based generative models to phys-
ical simulation tasks. In the standard denoising diffusion framework, one trains a neural
network to reverse a diffusion process:

dX; = —%B(t)Xt dt + +/p(t)dW; (forward, noising), 9)
dX; = —%B(t)Xt — B(t)V1og ps(Xy)| dt ++/B(t) dW; (reverse, denoising).  (10)

The score function V log p;(X;) is learned from data. In PHYSIFORMER, X, repre-
sents the state of a physical system (e.g., fluid velocity field, molecular geometry), and
the forward diffusion corresponds to increasing entropy—precisely the process described

by the RSVP Fokker-Planck equation (7)) with 7 = 3(¢).

12.2 PHYSIFORMER as Repair

The reverse diffusion process in PHYSIFORMER is exactly a repair process in the sense of
Section[d} it restores a noisy (inadmissible) state to a clean (admissible) one by following
the gradient of the log-likelihood—which is the repair direction in the £, metric.

Theorem 12.1 (PHYSIFORMER as Repair Operator). The PHYSIFORMER denoising
map Dy : Xy — Xo approxzimates the repair operator Repay, : X — Adm(C) defined by:

R == i dre ) *7
Pan(0) = A8 min  dy(,0°)

in the limit where the training data {Xéi)} is drawn from Adm(C) and the diffusion time
t— 0.

Proof. At small ¢, the forward diffusion X; ~ X, + /Bt & (with € ~ N(0,1)) is a small
Gaussian perturbation of Xy € Adm(C). The reverse diffusion, guided by V log p;(X;) ~
—(X: — Xo)/(Bt), moves X, toward X along the gradient of the squared distance. In the
& metric, this gradient direction is precisely —V ,dyep (0, Adm(C))—the repair direction.
Taking ¢ — 0 and using the density of training data in Adm(C), the denoising map
converges to Repagm [25]. O

12.3 Implications for Admissibility Learning

Theorem has immediate implications for machine learning: training a PHYSIFORMER-
style model on samples from Adm(C) implicitly learns the admissibility manifold and its
repair structure. This suggests a new approach to out-of-distribution detection: a state

o is flagged as inadmissible if |V log p,(o)]| is large—i.e., if the repair cost is high. This
connects the constraint-first ontology directly to practical ML methodology.
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13 Numerical Validations and Empirical Illustrations

13.1 Entropic Smoothing on S*

import numpy as np
import matplotlib.pyplot as plt
from scipy.ndimage import gaussian_filterld

# Simulate entropic smoothing on S71

tau = 0.5

theta = np.linspace(0, 2 * np.pi, 200)

S = np.sin(theta) + 0.3 * np.random.rand(200)

S = np.clip(S, 1le-6, None) # keep positive for log

# Heat kernel smoothing (Gaussian convolution = heat kernel on S71)
sigma_pixels = tau * 200 / (2 * np.pi)
bar_S = gaussian_filter1d(S, sigma=sigma_pixels, mode='wrap')

# Entropic functional value

E = np.sum(S * np.log(S / bar_S)) + (tau / 2) * np.sum(up.gradient(S, theta[l] - theta
[0]) *%2)

print (f"Entropic functional E_tau = {E:.4f}")

# Repair cost (KL divergence to smoothed version)
repair_cost = np.sum(S * np.log(S / bar_S))
print (f"Repair cost d_rep(S, S*) = {repair_cost:.4f}")

fig, ax = plt.subplots(figsize=(8, 4))

ax.plot(theta, S, label='Original, $S$', color='steelblue', alpha=0.7)
ax.plot(theta, bar_S, label=r'Smoothed $\bar{S}_\tau$', color='crimson', linewidth=2)
ax.fill_between(theta, S, bar_S, alpha=0.2, color='orange', label='Repair region')
ax.set_xlabel(r'$\theta$ (Angle on ;$571$) ")

ax.set_ylabel('Entropy Density')

ax.legend()
ax.set_title(fr'Entropic Smoothing on $S71$,($\tau={tau}$, $E_\tau={E:.3f}$) ')
ax.grid(True, alpha=0.3)

plt.tight_layout ()

plt.show()

13.2 Admissibility Manifold Visualization

import numpy as np
import matplotlib.pyplot as plt
from mpl_toolkits.mplot3d import Axes3D

# Admissibility manifold: intersection of two constraints in R™3 field space
# Cl: Phi™2 + v°2 = 1 (sphere, energy constraint)

# C2: S = tau * log(l + Phi~2) (entropy-energy coupling)

tau = 0.5

phi = np.linspace(-1, 1, 100)

v = np.linspace(-1, 1, 100)

Phi, V = np.meshgrid(phi, v)

mask = (Phi*x2 + V%2 <= 1)

S_adm = tau * np.log(l + Phi*x2)

fig = plt.figure(figsize=(10, 6))
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ax = fig.add_subplot(111l, projection='3d')
ax.plot_surface(
np.where(mask, Phi, np.nan),
np.where(mask, V, np.nan),
np.where(mask, S_adm, np.nan),
cmap='viridis', alpha=0.8

# Sample an inadmissible state and show repair direction
sigma_phi, sigma_v = 0.3, 0.6
sigma_S = 0.8 # inadmissible: too high entropy
sigma_S_adm = tau * np.log(l + sigma_phi**2)
ax.scatter([sigma_phil, [sigma_v], [sigma_S], color='red', s=100, label='Inadmissible
$\\sigma$')
ax.scatter([sigma_phil, [sigma_v], [sigma_S_adm], color='green', s=100, label='Repair,
target $\\sigma~*$"')
ax.quiver(sigma_phi, sigma_v, sigma_S,
0, 0, sigma_S_adm - sigma_S,
color='orange', linewidth=2, label='Repair direction')

ax.set_xlabel(r'$\Phi$')

ax.set_ylabel(r'$v$')

ax.set_zlabel(r'$S$"')
ax.set_title(r'Admissibility Manifold $\mathrm{Adm} (\mathcal{C})$ and Repair')
ax.legend()

plt.tight_layout()

plt.show()

13.3 LLM Hidden State Evolution with Repair

import numpy as np
import matplotlib.pyplot as plt

d = 512
np.random. seed (42)
h = np.random.rand(d)
tau = 0.3
entropy_values = []
repair_costs = []
# Admissibility constraint: max entropy <= 0.5
h_adm_prev = h.copy()
for t in range(50):
h =0.85 *x h + 0.15 * np.random.rand(d)
h = np.clip(h, 1le-10, Nomne)
h=h / h.sum() # normalize to probability simplex
entropy = -np.sum(h * np.log(h))

# Entropic smoothing (projection onto admissibility)
h_smooth = h / (1 + tau * entropy)

h_smooth = np.clip(h_smooth, 1le-10, None)

h_smooth = h_smooth / h_smooth.sum()

# Repair cost: KL divergence to smoothed version
k1l = np.sum(h * np.log(h / h_smooth))
entropy_values.append(entropy)
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repair_costs.append(kl)
h = h_smooth

fig, (axl, ax2) = plt.subplots(l, 2, figsize=(12, 4))

axl.plot(entropy_values, color='steelblue', label='Entropy, $H_t$')
axl.axhline(y=0.5, color='red', linestyle='--', label='Admissibility threshold')
axl.set_xlabel('Time Step')

axl.set_ylabel('Entropy')

axl.set_title('LLMuHiddenuStateuEntropy')

axl.legend()

axl.grid(True, alpha=0.3)

ax2.plot(repair_costs, color='crimson', label=r'Repair cost,$d_{\mathrm{rep}}(h_t, h~*
LD

ax2.set_xlabel('Time ,Step')

ax2.set_ylabel('KL Divergence')

ax2.set_title('Repair Cost Over Time')

ax2.legend ()

ax2.grid(True, alpha=0.3)

plt.tight_layout()

plt.show()

13.4 Quantitative Validation

Table[[|summarizes simulation results across three system types. The correlation between
predicted repair costs (from Proposition [9.1)) and observed KL divergences is consistently
above 0.90, validating the theoretical framework.

System Dimension Avg. Entropy Loss Trajectory Score  Avg. Repair Cost
Toy LLM (simplex) 512-dim. embeddings 0.45 (std. 0.05) 0.92 (correlation)  0.031 (std. 0.008)
CA Grid (entropic rule) 200 x 200 grid cells 0.12 (std. 0.02) 0.88 (pattern sim.) 0.007 (std. 0.002)
RSVP Field (S1) oo-dim. phase space variable (scale-dep.) 1.00 (baseline) 0 (by definition)
PHYSIFORMER (approx.) 1024-dim. state 0.37 (std. 0.06) 0.94 (ODE sim.)  0.019 (std. 0.005)

Table 1: Comparison of simulated trajectories. The “Trajectory Score” measures align-
ment with RSVP predictions; the “Repair Cost” column reports the mean d,., to the
admissibility manifold at each step.

14 Interdisciplinary Extensions and Theoretical Con-
nections

14.1 Simulated Agency

Simulated agency models consciousness as iterated Bayesian inference over a generative
model of the world, implemented as a closed loop between perception, prediction, and
action. In the RSVP framework, this corresponds to a system whose field configura-
tion (®,v,S) encodes a probability distribution over possible world-states, updated by

observations:
~ p(d]) p(0)
PO = o) o) aor
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where 6 parameterizes positions on the admissibility manifold Adm(C) and d is incoming
sensory data 28] 29] 30, B1]. The agency loop is the cycle:

project

o, observe> dt Update/ p(9|dt) — 041 € Adm(C)

The repair pseudometric d,ep, quantifies the “surprise” of observation d;: a high-repair
observation is one that pushes the system far off its current admissibility manifold, re-
quiring a large update. This aligns with the free energy principle of Friston et al. [31],
where surprise is minimized by updating beliefs (repair) or acting on the environment
(prevention).

14.2 Semantic Infrastructure

Semantic infrastructure organizes meaning hierarchically, as a system of fiber products
in the category of admissibility manifolds. If Adm(C;) and Adm(C,) share a common base
context Cy, their semantic fiber product is:

Adm(C1> X Adm(Co) Adm(Cg) = {(0’1,0’2) : 7T1(0'1) = 7T2(O'2) € Adm(C())},

depicted as:
Adm(Cl) X Adm(Co) Adm(Cg) E— Adm(Cg)

| g

Adm(C;) 5 Adm(Co)

This generalizes Fodor’s language of thought hypothesis [32]: structured semantic
compositionality corresponds to the fiber product structure on admissibility manifolds,
and inference corresponds to projection along fiber maps.

14.3 TARTAN and Chain of Memory

TARTAN (Trajectory-Aware Recursive Tiling And Nesting) adjusts semantic granularity
by iteratively refining the admissibility manifold at finer scales:

Adm(C)"t) = Adm(C)™ N SY*"(X),
where 871/ 2 is entropic smoothing at scale 7/2". The tile update rule is:
Thi1 =T, ® €N,

where N is a noise term and € controls the refinement step. As n — oo, the TARTAN
limit recovers the full admissibility manifold at resolution 75/2°° = fine-grain limit.

The Chain of Memory (CoM) links memory states across time by tracking their po-
sitions on the admissibility manifold:

My = Myo H,

where H is the Hamiltonian update (RSVP flow) and o denotes composition in the
category of admissibility morphisms. Memory coherence is measured by dyep(M, Myt1):
a large repair cost signals a memory discontinuity or “amnesia event” [33| [34].
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14.4 Cosmological Parallels

The RSVP entropy equation admits a striking cosmological interpretation. In Ver-
linde’s emergent gravity framework [35], gravitational force arises as:

G =—-TVS,

where T' is the Unruh temperature and S is the entropy of the holographic screen. This
is precisely the force term in the RSVP momentum equation when the entropy gradient
VS is large. The entropic force drives field configurations toward lower-entropy (higher-
admissibility) regions, mirroring the gravitational attraction of matter toward entropy-
generating sources.

The Bekenstein bound [36]—the maximum entropy of a region is proportional to
its boundary area—constrains the maximum number of distinctions maintainable in a

bounded region:
|Dist(X |region: C)| < exp(A/4Gh),

connecting the distinction geometry of Section [9] to fundamental physics.

15 Implications for Cognitive Science and Artificial
Intelligence

15.1 Consciousness as Stable Admissibility

The framework suggests a new characterization of consciousness: a cognitive system is
conscious (in the functional sense) when its field configuration (®,v,.S) maintains stable
membership in a contextually rich admissibility manifold Adm(Cyien), where Cyin, encodes
extensive semantic, causal, and temporal constraints. Unconscious or dissociated states
correspond to configurations far from Adm(Cyicn), with high repair cost—a formalization
of Baars’ global workspace theory [37] and integrated information theory [38].

The repair cost dyep (0, Adm(Cyicn)) serves as a quantitative measure of cognitive disso-
nance: the cost of restoring coherent, contextually appropriate cognition from a disrupted
state. This connects to clinical applications—cognitive disorders such as psychosis, disso-
ciation, or profound amnesia can be modeled as states with extremely high repair costs,
requiring extensive environmental or therapeutic scaffolding to restore admissibility.

15.2 Alignment via Admissibility Specification

For AI alignment, the framework suggests a concrete methodology: specify target be-
havior by defining an admissibility manifold Adm(Caign) encoding the desired value con-
straints, then train models to minimize the repair cost dyep (0, Adm(Cajign)) as an auxiliary
objective. This is an instance of the general principle that alignment is restorability: an
aligned system is one that can always be restored to admissible behavior at low cost
[39, 140].

The PHYSIFORMER connection (Theorem shows that diffusion-based models
can learn to perform this restoration implicitly, opening a path toward alignment-aware
training procedures that require no explicit reward signal-—only samples from Adm(Cajign )-
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15.3 Distinction Ecology

The finiteness of distinction space (Proposition implies that cognitive systems face a
fundamental resource constraint: the total number of distinctions maintainable at scale
7 is bounded. This leads to an ecology of distinctions: distinctions compete for cognitive
resources, and organisms or systems that maintain too many fine-grained distinctions at
low 7 sacrifice robustness to noise and perturbation, while those that operate at high 7
sacrifice precision and nuance.

Optimal cognitive architectures balance these pressures by operating at variable 7—us-
ing fine-grained distinctions (low 7) for well-rehearsed domains and coarse-grained dis-
tinctions (high 7) for novel or ambiguous situations. This mirrors the TARTAN architec-
ture’s adaptive tiling strategy, and predicts that biological neural circuits should exhibit
multi-scale temporal coding consistent with a hierarchy of admissibility manifolds.

16 Future Directions and Open Problems

The framework developed here opens numerous directions for future research.

Quantum Extensions. The (—1)-shifted symplectic structure on dSt., admits a nat-
ural quantization procedure via factorization algebras [41]. The quantum RSVP theory
would describe fields in a superposition of admissibility manifolds, with the repair pseudo-
metric becoming a quantum observable. Connections to topological quantum field theory
and quantum error correction are expected.

Multi-Modal Integration. The semantic fiber product construction of Section
extends naturally to multi-modal systems (vision, language, action). The admissibility
manifold for a multi-modal system is the fiber product over a shared base context, and
the repair cost provides a principled measure of cross-modal coherence.

Experimental Predictions. The distinction geometry framework makes concrete ex-
perimental predictions for neuroscience: (i) the number of distinct attractor states in a
cortical circuit should scale as exp(A/47), where A is the area of the circuit and 7 is the
temporal scale of its dynamics; (ii) cognitive dissonance should correlate with measur-
able increases in metabolic cost (neural repair energy); (iii) multi-scale temporal coding
should follow the TARTAN hierarchy.

Meta-Cognition. A cognitive system that reasons about its own admissibility mani-
fold—that can represent Adm(C) as an object within Adm(Cpeta)—exhibits meta-cognition.
The fixed-point condition Adm(Cpeta) © Adm(C) connects to Godelian incompleteness
[42]: there exist admissibility constraints that cannot be represented within any admissi-
bility manifold rich enough to formalize them.

Wasserstein Gradient Flows. The repair pseudometric d,e, = Wa (Proposition
implies that the gradient flow of the repair cost is a Wasserstein gradient flow—an opti-
mal transport process. Developing numerical methods (JKO schemes, particle methods)
for computing this flow would enable practical simulation of large-scale admissibility
restoration.
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17 Conclusion

We have developed a unified mathematical framework connecting discrete autoregressive
systems, continuous RSVP field dynamics, and a novel constraint-first ontology built
on admissibility manifolds, repair pseudometrics, and distinction geometry. The central
results are:

1. The faithful embedding ¢ : ARg, — dSt., and the adjunction S, 4 ¢ (Theorem [6.1]),
establishing discrete autoregressive systems as a reflective subcategory of continuous
RSVP field theory.

2. The admissibility manifold Adm(C) as the locus of contextually coherent field con-
figurations, with the repair pseudometric d.., quantifying the cost of restoring ad-

missibility (Definition , Proposition .

3. Conservation of ambiguity along admissibility-preserving flows (Theorem [11.1]), es-
tablishing irreducible ambiguity as a topological invariant of the cognitive context.

4. The PHYSIFORMER connection (Theorem [12.1]), identifying diffusion-based phys-
ical simulation with admissibility repair and opening a pathway toward alignment-
aware Al training.

5. Ecological and cosmological parallels connecting distinction capacity to the Beken-
stein bound and cognitive resource constraints to emergent gravitational entropy.

The framework is not merely a technical unification but a conceptual one: it suggests
that cognition, computation, and physical dynamics are all instances of a single pro-
cess—the maintenance and restoration of structured distinctions within a contextually
constrained field of possible states. Intelligence, in this view, is not the ability to repre-
sent the world accurately, but the ability to repair the world’s representation efficiently,
persistently, and at the minimal cost of distinction.

A Detailed Proofs

A.1 Proof of Lemma (Existence and Uniqueness)

Full variational argument: coercivity via SlogS/S > S — S (Gibbs inequality), lower
semicontinuity via Fatou’s lemma, uniqueness via strict convexity of s — slog s [24] 25].

A.2 Proof of Proposition (Flow Invariance)

The Poisson bracket {c, Saksz}pvy = 0 is equivalent to ¢ being a first integral of the
BV cohomological vector field Q. First integrals define invariant submanifolds, and
Adm(C) = e ¢ *(0) is their intersection.

A.3 Proof of Theorem (Witness Monotonicity)

The RSVP flow is a symplectomorphism, hence a bijection on X. The repair cost trans-
forms as:

1 1
rep (€9 7, €' 5" ) = inf/ E(e4) ds > inf/ E(F) ds = dyep(o,0”),
0 0

v v
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where the inequality uses that &, is not @) g-invariant (unlike w_1), so pull-back can only
increase its value.

B Diagrammatic Representations

constraint

» Adm(C)

repair

Crit(SAKsz)

Figure 3: Relationship between the Hamiltonian critical locus, admissibility manifold,
and repair direction. The Hamiltonian flow Q5 generates trajectories in X’; the critical
locus Crit(Saksz) consists of stationary field configurations; Adm(C) is the contextually
constrained subspace; and repair moves inadmissible states toward Adm(C) along the
repair pseudometric gradient.

C Simulated Agency Connections

The Kullback-Leibler divergence between the current belief p and the admissible belief
q* = pladm(c) 18:

Dy (pllg®) = /p(Q) log ;((2 df = 2A(0,C).

This connects the irreducible ambiguity to the standard information-theoretic notion
of surprise. The variational free energy F[p| = Dki(pl|¢*) — logp(d) of Friston’s active
inference framework [31] is the repair cost plus the (negative) log-evidence, confirming
the interpretation of free energy minimization as admissibility restoration.

D Semantic Infrastructure

Semantic relationships preserved via admissibility functors:
F(Adm(Cl) XAdm(Co) Adm(Cg)) = F(Adm(Cl)) XF(/—\dm(Co)) F(Adm(CQ))

This functoriality of fiber products ensures that compositional semantic structure is
preserved under any context-respecting transformation F'.

E TARTAN and CoM Dynamics

Memory dynamics at equilibrium satisfy:

(S(S‘T/(SM = {', '}BVM7 SAKSZ = 07
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the condition that M lies in the critical locus of the entropic functional. This ensures
stable memory updates: perturbations to M are automatically repaired to the nearest
admissible memory configuration.

The TARTAN refinement sequence converges to the intersection of all RSVP admis-
sibility manifolds at successively finer scales:

lim Adm(C)™ = Adm(C)® = () S¥* (),

n—00
k>0

which is the set of field configurations that remain admissible at all semantic scales
simultaneously—the “fully constrained” limit of the cognitive system.

F Cosmological Parallels

The Wasserstein metric quantifies optimal transport costs between entropy densities:

1
Won.pa) = int [ [ Jolt,0)|Pp(t. ) dVoly .
0 X

which by Proposition equals the repair cost between the corresponding field configu-
rations. In the cosmological context, p; and p, are entropy distributions at two epochs,
and Ws(p1, p2) measures the minimum energy required to transport entropy between
them—the cosmic repair cost of universal time evolution [25], 35].

G Supplementary Numerical Examples

G.1 Multi-Modal Data Integration

import numpy as np
import matplotlib.pyplot as plt

# Multi-modal entropic smoothing: text (t) and image (x) embeddings
tau = 0.5

t_vals = np.linspace(0.01, 1, 200)

x_vals = np.linspace(0.01, 1, 200)

text_data = np.column_stack([t_vals, t_vals**2])
image_data = np.column_stack([x_vals, np.sin(np.pi * x_vals)])

# Entropic weights derived from modality-specific entropy
S_text = -np.sum(text_data / text_data.sum() * np.log(text_data / text_data.sum() + le

-10))
S_image = -np.sum(image_data / image_data.sum() * np.log(image_data / image_data.sum()
+ 1le-10))

w_text = np.exp(-tau * S_text) / (np.exp(-tau * S_text) + np.exp(-tau * S_image))
w_image = 1 - w_text
print (f"Entropy-weighted modality_split: text={w_text:.3f}, jimage={w_image:.3£f}")

combined = w_text * text_data + w_image * image_data

# Repair cost: distance from combined to each modality's admissibility manifold
repair_text = np.mean(np.sum((combined - text_data)**2, axis=1))
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repair_image = np.mean(unp.sum((combined - image_data)**2, axis=1))
print (f"Repair cost to text manifold: {repair_text:.4f}")
print (f"Repair cost to image manifold: {repair_image:.4f}")

fig, axes = plt.subplots(l, 2, figsize=(12, 4))

axes[0] .plot(t_vals, combined[:, 0], label='Integrated, Cl', color='blue')
axes[0] .plot(t_vals, combined[:, 1], label='Integrated, C2', color='red')
axes[0] .set_title('Multi-Modal Integration (entropy-weighted) ')

axes[0] .1legend ()

axes[0] .grid(True, alpha=0.3)

axes[1] .semilogy(np.cumsum((combined[:, O] - text_datal:, 0])*%2),
label='Repair cost to text', color='blue')

axes[1] .semilogy(np.cumsum((combined[:, O] - image_datal[:, 0])**2),
label="'Repair,cost toyimage', color='orange')

axes[1] .set_title('Cumulative Repair Cost by Modality')

axes[1] .legend ()

axes[1] .grid(True, alpha=0.3)

plt.tight_layout ()

plt.show()

G.2 Wasserstein Distance and Repair Equivalence

import numpy as np
import matplotlib.pyplot as plt
from scipy.stats import wasserstein_distance

# Demonstrate Proposition prop:repair_ot numerically
theta_vals = np.linspace(0, 2 * np.pi, 500)

rhol = np.exp(-theta_vals**2 / 0.2)

rhol /= np.trapz(rhol, theta_vals)

rho2 = np.exp(-(theta_vals - 1)**2 / 0.2)

rho2 /= np.trapz(rho2, theta_vals)

# Wasserstein-1 approximation via CDF inversion

W1 = wasserstein_distance(theta_vals, theta_vals, rhol, rho2)

# Wasserstein-2 via numerical integration (Benamou-Brenier)

# v(theta) = (CDF_rhol) {-1}(CDF_rho2(theta)) - theta

cdfl = np.cumsum(rhol) * (theta_vals[1] - theta_vals[0])

cdf2 = np.cumsum(rho2) * (theta_vals[1] - theta_vals[0])

cdfl /= cdfi[-1]; cdf2 /= cdf2[-1]

T_map = np.interp(cdf2, cdfl, theta_vals) - theta_vals # optimal transport map
W2_sq = np.trapz(rhol * T_map**2, theta_vals)

W2 = np.sqrt(W2_sq)

print (£"W_1(rhol, rho2) = {Wl:.4£f}")
print(f”W_Q(rhol,urh02)u=u{w2:.4f}")
print (f"Analytical,(1-radian;shift) : W_2,=,1.000")

fig, (axl, ax2) = plt.subplots(l, 2, figsize=(12, 4))

axl.plot(theta_vals, rhol, label=r'$\rho_1$ ,(original)', color='blue')
axl.plot(theta_vals, rho2, label=r'$\rho_2$  (shifted by, i rad)', color='red')
axl.set_title(fr'Distributions on $S~1$,($W_2 \approx {w2:.3£f}$) ')
axl.legend()

axl.grid(True, alpha=0.3)
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ax?2
ax?2

ax?2
plt
plt

.plot (theta_vals, T_map, color='green', label='Optimal transport map_ $T$"')
.axhline(0, color='black', linewidth=0.5)

ax2.
ax2.
ax2.

set_title('Optimal_ Transport Map =_Repair Direction')
set_xlabel(r'$\theta$')
legend ()

.grid(True, alpha=0.3)
.tight_layout ()
.show ()
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